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inverter with HERIC topology

EL Pankratov

Abstract

In this paper we introduce an approach to increase integration rate of elements in an inverter with
HERIC topology. The approach based on decreasing of dimension of elements of the invertor (diodes
and bipolar transistors) due to manufacturing of these elements by diffusion or ion implantation in a
heterostructure with specific configuration and optimization of annealing of dopant and radiation
defects.

Keywords: Inverter with HERIC topology, optimization of manufacturing, analytical approach for
prognosis

Introduction

In the present time one can find increasing of density of elements of integrated circuits due to
increasing of density of their dimensions and optimization of technological processes. One
can also find increasing of speed of these elements. One way to decrease dimensions of
elements of integrated circuits is doping of required areas of materials by diffusion or ion
implantations and using laser or microwave types of annealing 3. Using these types of
annealing leads to generation in homogenous distribution of temperature. In this situation
one can find inhomogeneity of diffusion coefficient and another parameters of processes due
to Arrhenius law. The inhomogeneity of these parameters gives a possibility to decrease
dimensions of elements of integrated circuits. Another way to change properties of doped
materials is radiation processing * 5. An alternative approach to decrease dimensions of
elements of integrated circuits is using inhomogeneity of hetero-structures -1,

In this paper we consider an inverter with HERIC topology, which has been presented in the
Figs. 1 9, The inverter has been manufactured framework the heterostructure from Figs. 1.
The heterostructure consist of a substrate and an epitaxial layer. The epitaxial layer includes
into itself several sections, which were manufactured by using another materials. These
sections were doped by diffusion or ion implantation to manufacture the required types of
conductivity so as it is shown on Figs. 1. After this doping it is required annealing of dopant
and/or radiation defects. Main aim of the present paper is analysis of redistribution of dopant
and radiation defects to determine conditions, which correspond to decreasing of elements of
the considered inverter and at the same time to increase their density.
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Fig la: Structure of the considered inverter. View from top
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Fig 1b: Heterostructure with two layers and sections in the epitaxial layer

Method of solution
We determine spatio-temporal distribution of concentration of dopant by solving the following boundary problem

EC{?&'.}'.:.F}:
c't
_ 0 {Dc J C(x, y,z,t)}+ o |:Dc o C(x, y,z,t)}rﬁ{Dc 2 C(x, y,z,t)}
O X O X oy oy oz oz
with boundary and initial conditions
oc(x,y.zt) oC(x, y,z,t)| _ o0C(x,y,z,t) 0
OX x=0 OX X=L, 0 y y=0
6C(>§y,z,t) _g 9C(xy.zt)| _ 8C(>gy,z,t) 0
y x=Ly , 0z =0 , : x=L, ,C (X, Y,z 0)=f(x,y, 2).

@

O]

Here C(x, y, z, t) is the spatio-temporal distribution of concentration of dopant; T is the temperature of annealing; Dc is the
dopant diffusion coefficient. Value of dopant diffusion coefficient depends on properties of materials, speed of heating and
cooling of heterostructure (with account Arrhenius law). Dependences of dopant diffusion coefficients could be approximated

by the following function * 1112,

C’(x,y,2,1) V(x,y,z,t)  V*(xy,zt)
D.=D (x,y,z,T)1+&—————%||1 "
e =D.(x .2 ){ +§Py(x,y,z,T)} ey e i
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where D (X, y, z, T) is the spatial (due to existing several layers with different properties in heterostructure) and temperature
(due to Arrhenius law) dependences of dopant diffusion coefficient; P (x, y, z, T) is the limit of solubility of dopant; parameter
ycould be integer framework the following interval y 311 V (x, y, z, t) is the spatio- temporal distribution of concentration
of radiation vacancies; V" is the equilibrium distribution of concentration of vacancies. Concentrational dependence of dopant
diffusion coefficient have been discussed in details in I, It should be noted, that using diffusion type of doping did not leads
to generation radiation defects and 1= = 0. We determine spatio-temporal distributions of concentrations of point defects
have been determine by solving the following system of equations [ 21,

8I(x,y,z,t):i{Dl(X’ y,z,T)aI(X’ y,z,t)}r 0 {D,(x,y,z,T)al(X’y’z’t)}+
ot OX OX oy oy

e 210y 2|y T 2 W0y 20)-

0z 0z
_kI,I(X’ y’Z’T)IZ(X’ y,Z,t) (4)
oV (x, y,z,t):i{Dv(X’ y,z,T)aV (x, y,z,t)}r o {Dv(x, y,z,T)aV (x, y,z,t)}r
ot O X O X oy oy

)6V (x,y,2,t)

07 }—kw(X,y,Z,T)I(x, y,Z.t)V(X,y,z,t)_

0
+E{D\’(X’ y,z,T

—ky v (%Y, 2TV (x,y,2,t)

with boundary and initial conditions

op(xy,2,t) op(xy,2,t) 0 op(xy,2,t) _0 0p(xy,z.t) ~0
0X %<0 , OX ‘x:Lx , 0 y ‘y:O 0 y ‘y:Ly
0p(xy,z,t) _o op(xy,2,t) ~0
oz 0z L
2=0 , =L, L p (%Y, z,0)=fs (X, Y, 2). ®)

Here p =1, V; | (X, Y, z, t) is the spatio-temporal distribution of concentration of radiation interstitials; Dy(X, y, z, T) is the
diffusion coefficients of radiation interstitials and vacancies; terms V2(x, y, z, t) and 1(x, y, z, t) correspond to generation of di-
vacancies and di-interstitials; ki v(x, y, z, T) is the parameter of recombination of point radiation defects; ky, (X, Y, z, T) are the
parameters of generation of simplest complexes of point radiation defects.

We determine spatio-temporal distributions of concentrations of di-vacancies @y (X, y, z, t) and di-interstitials @& (x, y, z, t) by
solving the following system of equations %12,

o0, (xy,2,t) o0, (xy,zt)| 2 oD, (x,Y,2,t)
o = Dy, (X, y,2,T) Y +§y Dy, (X, y,2,T) 2y +

)ﬁCD, (x,y,2,1)
0z

01 :|+ k|,| (X’ Y, Z’T)I Z(X, Y, Z,t)— K, (X, Y, Z,T)l (X, Y, z,t)

+£[ch. (x,y,2,T
(6)

~82~


file://server/test/Electronics%20Engineering/Data%20Communication/issue/1%20Vol/1%20issue/www.datacomjournal.com

International Journal of Electrical and Data Communication www.datacomjournal.com

o0, (xy,zt)_ o D, (x y’Z’T)o”cDV(x,y,z,t) L9 D, (x,y,z,T)ﬁcDV(X’ y,Z,t) N
ot ox| OX ay| oy

+ %|:D‘Dv (x,y, z,T)aCDV (;Zy Z,t)} +k, v (X, Y, 2 TIVA(X,y,2,t) =k, (X, ¥, 2TV (X, ¥, 2,t)

with boundary and initial conditions

oD (x,y,z,t) o 0D, (x,y,2,t) 0 0D, (x,y,z,t) 0
ax x=0 ax X=Ly ay ‘y:O
oD, (x,y,2,t) _o 8CI>p(X,y,Z,t)| . ach(x,y,z,t)| o

ay y=Ly 0z B 0z

z=0

(7
D (%, Y, 2,00=far (X, Y, 2), Dv (X, Y, Z, 0)=fav (X, Y, 2).

Here Dap(X, Y, z, T) are the diffusion coefficients of complexes of radiation defects; ko(x, y, z, T) are the parameters of decay of
complexes of radiation defects.

We determine spatio-temporal distributions of concentrations of dopant and radiation defects by using method of averaging of
function corrections 3 with decreased quantity of iteration steps . Framework the approach we used solutions of Eqgs. (1),
(4) and (6) in linear form and with averaged values of diffusion coefficients Do, Do, Dov, Doa, Doav as initial-order
approximations of the required concentrations. The solutions could be written as

F 2 =
Cl(xy,z,t)=—2% F t
1(X y z ) I—XI—yLZ + I—XI—yI—Z nZ::1 nCCn(X)Cn(y)Cn(Z)enC( )

F 2
Il(X’ y’ Z’t): LXLOyILZ + I—XI—yI—Z nZ::anICn(X)Cn(y)Cn(Z)enl(t)

F 2 &
v - e F
1(X1 y’ Z’t) LXLyLZ + LXLyLZ nZ:]_ nCCn(X)Cn(y)Cn(Z)enV (t)

F 2 =
(Dll(X’ y’ Z’t): Lxl(ic:)ll_z + LXI—yI—Z nzlencD,Cn(X)Cn(y)Cn(Z)enQ (t)

F 2 o
q)V1(X’ y’ Z’t): Lxlo_q;VLZ + I—Xl—yl—z nzz:ancDV Cn(X)Cn(y)Cn(Z)enCDV (t)

Where

B 2.2 1 1 1 LoL L
enp(t)—exp{—ﬂ n Dopt[l—_i+L_2y+L_§H F, = £Cn(U)gcn(V)gcn(V)fp(u’V’W)d wdvdu
Ca(y) =cos (7n zIL,). ’ |
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The second-order approximations and approximations with higher orders of concentrations of dopant and radiation defects we
determine framework standard iterative procedure (> 4. Framework this procedure to calculate approximations with the n-
order one shall replace the functions C(x, v, z, t), I(X, y, z, t), V(X, ¥, z, 1), @(X, Y, Z, 1), Dv(X, Y, z, t) in the right sides of the Egs.
(1), (4) and (6) on the following sums anstpe na(X, ¥, z, t). As an example we present equations for the second-order
approximations of the considered concentrations.

AC,(x,y,z,t) & V(x,y,z,t)  V3(xy,zt) [, +C,(x,y,2,b)]
é’ty _§X[|:l+gl V)i Y (V*y)z }{1""9& Py(X,y,Zy,T) }X

2C(xy,zt bzl V(x,y,zt VZ2(x,y,z,t
x D, (X,y,2,T) l(axy )j+5y[DL(X’y’Z’T)|:1+gl (Vy )+g2 ((\/y)2 ):|><

4
. 1+§[azc+;cl(x,y,z,t)] Gy, 2 (h ()2 Gly.2Y),
P"(x,y,z,T) oy 01 01

y {1+glv (x,y,z,t)+ VZ(X’y’Z’t)HHg[aZC +C,(x,y,z,t)f }]

A o2 (V*)2 P”(x,y,z,T) o

ay(xy.2t) 2 {D.(X, y,Z,T)ﬁ'l(X'y'z’t)}r o {D,(x, y,z,T)ml(X’y’z’t)}

ot % Ax oy

01
X I(I,V (X' y'Z'T)_kI,I (X! y,Z,T)[Ol2| + |1(X' ylz’t)]z

N, (x.y,2t) & Dv(x,y,z,T)avl(X’y’z’t) N Dv(x,y,z,T)avl(x’y’z’t) .
ot OX OX oy oy

+5’Z{D, (x y,z,T)ﬂh(X’y’Z,t)}[am L xy.z e V(% y.2.0)]

oV (x,y,2,t)

o
o D ) llT
+az{ (xy.2.7) 01

}[az. 100y, V(0 y. 2.0

K (0,27 K (0,2t V(0,20 o

O®,,(xy,2t)_ J D, (x.y Z_l_)ﬁCD,l(x,y,z,t) e
ot ox| OX

. é’Q)Il(X’y’Z't)}i{D@ (x,y,z,T)ﬁcD'l(X’y’z’t)}+k,‘|(x,y,z,T)x

oy

<
ijcI)vz()(1yizit)2£ D ( )é’®v1(x’y1zit) +i
at 5 (])V ) ) 1
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y

(10)
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Integration of the left and right sides of Eqs.(8)-(10) gives us possibility to obtain relations for the second-order
approximations of concentrations of dopant and radiation defects in final form.

C,(x, y,z,t):%(} {“glV(X, y,z,r)+g2V2(x, y’z'r)Hlﬂf[aZC +C,(x, y,Z,r)]7}x

! V& (V*)Z Py(X, y,Z,T)

o C,(xy,z, o[t V(x,y,z, V2(x,y,z,
x D, (x,y,2,T) 1(51 T)]dr+§—y[£|:1+gl(v—{r)+gz((v—*y)zr)}x

X [azc +C1(X,y,2,z-)]7 ﬁcl(x,y,z,r) o (t X
DL(X,y;Z,T){l'Ff P7(x,y,z,T) oy dr +E gDL(X’y,Z’T)

1 v(x,y,z,f)Jr VZ2(x,y,2,7) . [ot,c +C(x,y,2,7) | 6 C,(X,y,2,7) .
|:1 1 . 52 (V*)Z :Hl 4 Py(x,y,z,T) } EY d J

+ fC (X’ y' Z) (8a)

o\t al(xy,z, o |t
Iz(x,y,z,t):g{jD,(x,y,z,T) 1(63(/ T)dr}ra—yBD,(x,y,z,T)x

0

alxY,z, ot A1(x.y 2, t
X 1(0”;/ T)dz'j|+5|:£D|(X,y,Z,T) 1(0’)3 T)dr:|—£k|’|(x,y,Z,T)><

x[ay + (6 y.z, ) d 7+ £ (6 y,2) =Tk (Y, 2T ety + (% y,2,7)] %

O — —~

x [et,, +Vy(X,y,2,7)]d 7 ()

V,(x,Y, z,t):%ﬁD\,(x, y,z,T)aVl();’i/’ Z’T)d r}+§yED\,(x, y,2,T)x

oV(x,Y,z, ol V(X V.2, t
X 1(63// T)dT}FEhD\,(x,y,z,T) 1(&;’ r)dr}gkv‘v(x,y,z,T)x

X [0(2| +V1(X’ y’Z’T)]Zd r+f, (X’ y,z)— k|,v (X’ y’ZvT)[am + |1(X’ y’Z’T)] X

[« Y —

X [azv +V1(X, y,z,r)]d T

)é)q)ll(xi y,z,r)
OX

0|t o |t
D,,(x,Y, z,t):ah D,, (%, y,2,T d z} +§—[I D, (X, y,2,T)x

Yio
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Xé,(DIl(X’ y’Z7T)
oy

O (x,y,2,7)
oz

dT +£ qu:, (lelle/ dT —|_j‘k||(x’)l’z’-|-)><
ozlo 0

x 1%(x,y,2,7)d r—}k, (xy,zT)H(xy.zr)d 7+ f, (XY,2)
0 (10a)

o\t oD, (XY, 1z, o |t
CDVZ(X,y,z,t):EhD@V(x,y,z,T) Vl(é)Xy T)dr}+§—y[£D®v(x,y,z,T)x

oD, (X,Y,1z, o |t oD,.(X,Y,zZ, t
L | R R S A

V?(x,y,z,7)d r—}kv %y, 2TV (xy,z,7)dz+ f, (X y,2)
0

We determine average values of the second-orders approximations of the considered concentrations by using the following
standard relations [** 41,

L

1 oLy,
a,, :@LTHgg[pz(x,y,z,t)—pl(x,y,z,t)]d zd yd xdt

X—y~z (ll)

Substitution of relations (8a)-(10a) into relation (11) gives us possibility to obtain relations for the required average values a2,

1 LLL,
a, jjjfc(x,y,z)dzdydx
L,L,L, 000
: (12)
1
Qy = 2A| {(1"' A|v01+ AIIlO Ty, AIVOO)2 _4A1|oo[a2vA|v1o - Auzo + A|v11_
100
1
Ly Ly L, 2 1
[ [[f(xy,z)dzdydx|} — + Avor T Ao T %y Av oo
nyzoool” 2AIIOO
(13a)
1 [(B,+A) B,y—B ) B,+A
Ay = 3 —4B4(y+ 3 1j— 3
2B, 4 A 4B, (13b)
Where
¢) L.L,L, i .
Aol = oL L g( )Hik”(x Y, 2, T)(X Y, 2,1V, (x,y,2,t)d zd yd xdt

x -y -z

2
B4 = AlzvooAlzvoo - 2(Alz\/oo - AIIOOA\/VOO) , Bs = AlvooAlzvoo + A|v01A|3voo + A|v00A||10A12\/00 -
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o 4(A|2voo - AuooA/voo)[ZAwmAwoo + 2A|V00(1+ A|v01 + A1I10)_ 2AIIOO(AIV10 + A/VlO +1)]_
_4A|v1oAnooA|2voo + 2A|vooA|v01A|2voo, Bz = Alzvoo {(1"' A|v01 + A|I10)2 + AlzvooA|2v01 + A|voo X

1

X 2A|voo(A|voo + A|v00A1v01 + AIVOOAII10 o 4A|v1oA||oo)_ 4Auoo A|v11 o Auzo B m X
Xy —z

:[ .([y:[ f (X’ y’ Z)d Zd yd X:|}{[2AIV01AIVOO + 2'A\IVO(J(:I'—i_ AIVOl + AIIlO)_ 2'A\IIOO('AIVZLO +1+

L
+ A\/Vlo)]z + 2|:AIV01(1+ AIVOl + AII10)+ JO. fV (X’ Y Z)d zd yd X— 2AIIOO('A\/VZO -

- A|v11)+ A1v01(1+ AIVOl + AIIlO)][2A|V00(1+ A1v01 + A||10)+ 2AIV01AIVOO - 2AIIOO(AIV1O +1+
)]} Bl = 2AIV00AIV01(1+ A1v01 + A1|10)2 _8|:A|v11 _LiT LJ.y T fl (X’ Y, Z)d zd yd XX

+ Ao 000
1

X ﬁ - A||20:| + A|V00A|V01AII00 + A|2\/01(A|voo + A|vooA|v01 + AIVOOA|I10 - 4A|v1oA||oo)_
y—z

I: 2A” g gy L{Z fl (X’ Y, Z)d zd yd X+ A|v01(1+ A|v01 + AIIlO)_ 2A||00(A\/v20 - A|v11)+

Z

+ A|V01(1+ AIVOl + AIIlO)][2A|V00(1+ AIVOl + A|I10)_ 2(A|V1O + A\/VlO +1)AII00 + 2A|V01A|V00]’

L,
B, = 4A||00A|2\/01|:A||20 + g f, (X1 Y, Z)d zdydx—Ay, |+ AIZ\/01(AIV01 + Ay +

2A,,, Syt
+1)2 L_ |_”(|)_0 !) £ £ fV (X’ Y, Z)d zd yd X+ A|v01(1+ A|v01+ A||1o)_2A||oo(A/v20 _A|v11)+
Xy

+A|V01(1+AIV01+AII10 ]2 y \/ q +p _q \/ q +p +q+ (ZBB 8B)

“a8" 216 8 p=[3(2BB, -8B,)-2BZ})72 A=8y+B:-4B,
1 © Leby L
20, =A.zo—m£(®—t)£ g gk.(x,y,z,T)l(x,y,z,t)d zdyd xdt+

X~y =z
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L 5T ey 2)d zd y
X, V,Z YA X
LXLyLZ { { (j) i y
(14
1 (C] Lely L,
achv :A/vzo_—.[((a_t)] J jkv(x,y,z,T)V(x,y,z,t)dzdydxdt+
OL,L,L, o 000
1

Ly L,
L L L E'). 0 ngV(Xiylz)dZdde

The considered substitution gives us possibility to obtain equation for parameter azc. Solution of the equation depends on
value of parametery. Analysis of spatio-temporal distributions of concentrations of dopant and radiation defects has been done
by using their second-order approximations framework the method of averaged of function corrections with decreased quantity
of iterative steps. The second-order approximation is usually enough good approximation to make qualitative analysis and
obtain some quantitative results. Results of analytical calculation have been checked by comparison with results of numerical
simulation.

Discussion

In this section we analyzed spatio-temporal distribution of concentration of infused (see Fig. 2a) and implanted (see Fig. 2b)
dopants in the considered epitaxial layer. Annealing time is the same for the each curve framework each figure. Increasing of
number of curve corresponds to increasing of difference between values of dopant diffusion coefficient in layers of
heterostructure. The figures show that interface between layers of heterostructure gives a possibility to increase absolute value
of gradient of concentration of dopant in direction, which is perpendicular to the interface. In this situation one can find
decreasing of dimensions of diodes and transistors framework the considered inverter. At the same time with increasing of
absolute value of the above gradient one can find increasing homogeneity of distribution of concentrations of dopants in doped
areas.

To choose annealing time it is necessary to take into account decreasing of absolute value of gradient of concentration of
dopant near interface between epitaxial layer and substrate with increasing of value of annealing time. Decreasing of value of
annealing time leads to increasing of inhomogeneity of distribution of concentration of dopant (see Figs. 3a for diffusion type
of doping and 3b for ion type of doping). We determine the compromise value of annealing time framework recently
introduced criterion [*>2, Framework the criterion we approximate real distribution of concentration of dopant by idealized
step-wise function w (x, y, z). After that we determine the required compromise value of annealing time by minimization of the
mean-squared error

((x.®)

—
=
2
1

Substrate

0.0

0 L/4 L2 3L/4 L

Fig 2a: Distributions of concentration of infused dopant in heterostructure from Figs. 1 and 2 in direction, which is perpendicular to
interface between epitaxial layer substrate. Increasing of number of curve corresponds to increasing of difference between values of dopant
diffusion coefficient in layers of heterostructure under condition, when value of dopant diffusion coefficient in epitaxial layer is larger, than

value of dopant diffusion coefficient in substrate
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Fig 2b: Distributions of concentration of implanted dopant in heterostructure from Figs. 1 and 2 in direction, which is perpendicular to
interface between epitaxial layer substrate. Curves 1 and 3 corresponds to annealing time ® = 0.0048(Lx?+Ly?+L,%)/Do. Curves 2 and 4
corresponds to annealing time ® = 0.0057(L:%+L,?+L;%)/Do. Curves 1 and 2 corresponds to homogenous sample. Curves 3 and 4 corresponds
to heterostructure under condition, when value of dopant diffusion coefficient in epitaxial layer is larger, than value of dopant diffusion

coefficient in substrate
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Fig 3a: Dependences of dimensionless optimal annealing time for doping by diffusion, which have been obtained by minimization of mean-
squared error, on several parameters. Curve 1 is the dependence of dimensionless optimal annealing time on the relation a/L and &= y= 0 for
equal to each other values of dopant diffusion coefficient in all parts of heterostructure. Curve 2 is the dependence of dimensionless optimal
annealing time on value of parameter ¢ for a/L=1/2 and &= y= 0. Curve 3 is the dependence of dimensionless optimal annealing time on
value of parameter & for a/L =1/2 and &= y= 0. Curve 4 is the dependence of dimensionless optimal annealing time on value of parameter y

fora/L=1/2and = £=0
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Fig 3b: Dependences of dimensionless optimal annealing time for doping by ion implantation, which have been obtained by minimization of

mean-squared error, on several parameters. Curve 1 is the dependence of dimensionless optimal annealing time on the relation a/L and &=y

= 0 for equal to each other values of dopant diffusion coefficient in all parts of heterostructure. Curve 2 is the dependence of dimensionless
optimal annealing time on value of parameter ¢ for a/L=1/2 and £= y= 0. Curve 3 is the dependence of dimensionless optimal annealing
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time on value of parameter £ for a/L =1/2 and &= y= 0. Curve 4 is the dependence of dimensionless optimal annealing time on value of
parameter yfor a/L=1/2and ¢=£=0

1 Lt

U= Ll HYZ[ (x,v,2,0)-w(x,y,2z)]d zd yd x

y —z . (8)

Dependences of optimal annealing time are presented on Figs. 3 for diffusion and ion types of doping, respectively. It should
be noted, that it is necessary to anneal radiation defects after ion implantation. One could find spreading of concentration of
distribution of dopant during this annealing. In the ideal case distribution of dopant achieves appropriate interfaces between
materials of heterostructure during annealing of radiation defects. If dopant did not achieves any interfaces during annealing of
radiation defects, it is practicably to additionally anneal the dopant. In this situation optimal value of additional annealing time
of implanted dopant is smaller, than annealing time of infused dopant. At the same time ion type of doping gives us possibility
to decrease mismatch-induced stress in heterostructure 21,

Conclusion

In this paper we model redistribution of infused and implanted dopants during manufacturing an inverter with HERIC
topology based on heterodiodes and bipolar heterotransistors. Several recommendations to optimize manufacture the
heterotransistors have been formulated. Analytical approach to model diffusion and ion types of doping with account
concurrent changing of parameters in space and time has been introduced. At the same time the approach gives us possibility
to take into account nonlinearity of doping processes.
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